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Abstract We give a direct independence proof of Kirby-Paris' Hydra Game [9] from Peano Arithmetic (PA).

This is done by giving a relationship between Gentzen's consistency proof [5] for PA and the Hydra
Game. Compared with Kirby-Paris' and Cichon's [3] proofs, our proof is direct in that we do not use
any finite characterization theorem of the PA-provably recursive functions. We prove that one step
reduction of Kirby-Paris' Hydra Game corresponds to finite steps of Gentzen's proof reduction.
With the help of Godel's Incompleteness Theorem, Kirby-Paris' unprovability result follows.
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